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Idiotimèc kai DiagwniopoÐhsh TrigwnopoÐhsh

Trigwnikìc pÐnakac

Prìtash

JewroÔme grammikì telest  L : V → V , kai b�sh B = {v1, . . . , vn}
tou V . Ta akìlouja eÐnai isodÔnama:

1 O pÐnakac A thc L wc proc th b�sh B eÐnai �nw trigwnikìc

2 L(vj) ∈ 〈v1, . . . , vj〉 gia j = 1, . . . , n.

3 Gia k�je j = 1, . . . , n o upìqwroc 〈v1, . . . , vj〉 eÐnai analloÐwtoc
apì ton L.
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Idiotimèc kai DiagwniopoÐhsh TrigwnopoÐhsh

TrigwnopoÐhsh

Orismìc.

'Enac n × n pÐnakac A me stoiqeÐa sto K eÐnai trigwnopoi simoc
(p�nw apì to K) e�n eÐnai ìmoioc me ènan �nw trigwnikì pÐnaka U,
dhlad  e�n up�rqei antistrèyimoc pÐnakac R me stoiqeÐa sto K
tètoioc ¸ste A = RUR−1.

'Enac telest c L : V −→ V eÐnai trigwnopoi simoc e�n up�rqei mÐa

diatetagmènh b�sh tou V wc proc thn opoÐa o pÐnakac tou L eÐnai �nw

trigwnikìc.
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Idiotimèc kai DiagwniopoÐhsh TrigwnopoÐhsh

Idiotimèc TrigwnikoÔ pÐnaka

Prìtash

Upojètoume oti o telest c L : V −→ V eÐnai trigwnopoi simoc. Tìte oi

idiotimèc tou L eÐnai akrib¸c ta stoiqeÐa thc diagwnÐou tou trigwnikoÔ

pÐnaka pou parist�nei ton L.
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Idiotimèc kai DiagwniopoÐhsh TrigwnopoÐhsh

TrigwnopoÐhsh p�nw apì to C

Je¸rhma

JewroÔme dianusmatikì q¸ro V peperasmènhc di�stashc p�nw apì

to C, kai grammikì telest  L : V −→ V . Tìte o telest c L eÐnai

trigwnopoi simoc.

Je¸rhma

K�je tetragwnikìc pÐnakac me stoiqeÐa sto C eÐnai trigwnopoi simoc.
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Idiotimèc kai DiagwniopoÐhsh TrigwnopoÐhsh

Par�deigma

Par�deigma Sto q¸ro C3[x ] twn poluwnÔmwn bajmoÔ Ðsou  

mikrìterou apì 3, me thn kanonik  diatetagmènh b�sh

B = {x3, x2, x , 1}, o telest c parag¸gishc D : C3[x ] −→ C3[x ]
parist�netai apì ton pÐnaka

BDB =


0 0 0 0
3 0 0 0
0 2 0 0
0 0 1 0

 .

Gia na ton metatrèyoume se �nw trigwnikì arkeÐ mÐa anadi�taxh thc

b�shc, F = {1, x , x2, x3}.
Ja sugkrÐnoume me to apotèlesma thc diadikasÐac thc apìdeixhc tou

Jewr matoc gia na trigwnopoi soume ton telest  D.
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Idiotimèc kai DiagwniopoÐhsh TrigwnopoÐhsh

Par�deigma (sunèqeia)

O D èqei monadik  idiotim  λ = 0, me idiodi�nusma to stajerì

polu¸numo 1. Epilègoume wc pr¸to stoiqeÐo thc b�shc autì to

polu¸numo, kai jewroÔme th diatetagmènh b�sh C = {1, x3, x2, x} wc
proc thn opoÐa o pÐnakac tou telest  D eÐnai

0 0 0 1
0 0 0 0
0 3 0 0
0 0 2 0

 .

O k�tw dexi� 3× 3 pÐnakac parist�nei ton telest 

M : 〈x3, x2, x〉 −→ 〈x3, x2, x〉 pou apeikonÐzei ta x3, x2, x sta

3x2, 2x , 0 antÐstoiqa.

Wc proc th b�sh W = {x , x2, x3} o M èqei �nw trigwnikì pÐnaka.

Wc proc th b�sh {1, x , x2, x3} o pÐnakac tou telest  D eÐnai �nw

trigwnikìc, pou epalhjeÔei to prohgoÔmeno apotèlesma.
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Idiotimèc kai DiagwniopoÐhsh TrigwnopoÐhsh

TrigwnopoÐhsh p�nw apì to R

Gia na akolouj soume thn Ðdia diadikasÐa ìtan to s¸ma den eÐnai to

C, qreiazìmaste mÐa epiplèon upìjesh:

Je¸rhma

JewroÔme n × n pÐnaka A me stoiqeÐa sto K. Tìte o A eÐnai

trigwnopoi simoc e�n kai mìnon e�n to qarakthristikì polu¸numo

χA(λ) eÐnai ginìmeno paragìntwn bajmoÔ 1 p�nw apì to K.
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