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'Askhsh 7.1 DÐdetai o dianusmatikìc q¸roc V = {(x, y, z) ∈ R3 : 2x+ y + z = 0}.

aþ. BreÐte th di�stash kai mÐa b�sh tou dianusmatikoÔ q¸rou V ⊕ V .

bþ. BreÐte th di�stash kai mÐa b�sh tou dianusmatikoÔ upìqwrou V + V tou R3.

'Askhsh 7.2 E�n X, Y, Z eÐnai dianusmatikoÐ q¸roi p�nw apo to s¸ma K, deÐxte oti
up�rqoun isomorfismoÐ.

aþ. X ⊕ Y ∼= Y ⊕X

bþ. X ⊕ (Y ⊕ Z) ∼= (X ⊕ Y )⊕ Z

'Askhsh 7.3 Elègxte oti oi kanonikèc emfuteÔseic j1 : V −→ V ⊕W kai j2 : W −→
V ⊕W kai oi kanonikèc probolèc p1 : V ⊕W −→ V kai p2 : V ⊕W −→ W eÐnai grammikèc
apeikonÐseic, kai oti ikanopoioÔn tic sqèseic

p1 ◦ j1 = IV , p1 ◦ j2 = 0 , p2 ◦ j1 = 0 , p2 ◦ j2 = IW .

'Askhsh 7.4 Sto dianusmatikì q¸ro C4 jewr ste touc upìqwrouc

U =
{
(z1, z2, z3, z4) ∈ C4 : z1 = z2

}
,

V =
{
(z1, z2, z3, z4) ∈ C4 :

z1 + z2 − z4 = 0, −z1 + z2 + z3 = 0, z1 + z2 + z3 = z4} .

aþ. DeÐxte oti V ⊆ U .

bþ. BreÐte mÐa b�sh tou q¸rou phlÐko U/V .

'Askhsh 7.5 Jewr ste to dianusmatikì q¸ro R[x] ìlwn twn poluwnÔmwn mÐac metablh-
t c, kai ton upìqwro R[x]n twn poluwnÔmwn bajmoÔ mikrìterou   Ðsou me n. 'Eqei o q¸roc
phlÐko R[x]/R[x]n peperasmènh di�stash?


