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MIGADIKOI ARIJMOI

Full�dio Problhm�twn 7

EujeÐa kai kÔkloc sto migadikì epÐpedo.

Prin asqolhjeÐte me tic epìmenec Ask seic, bebaiwjeÐte oti èqete aposafhnÐsei ìlec
sac tic aporÐec sqetik� me tic Drasthriìthtec 3.16 èwc 3.22.

'Askhsh 7.1 BreÐte sth morf  ūz+uz̄+ c = 0 thn exÐswsh thc eujeÐac pou pern�ei apì
ta shmeÐa w1 = 3− i kai w2 = −1 + i.

'Askhsh 7.2 BreÐte sth morf  ūz+uz̄+ c = 0 thn exÐswsh thc eujeÐac pou pern�ei apì
to shmeÐo −2− i kai eÐnai k�jeth sthn eujeÐa me exÐswsh (1− 2i)z + (1 + 2i)z̄ + 3 = 0.

'Askhsh 7.3 BreÐte to shmeÐo tom c twn eujei¸n me exis¸seic iz − iz̄ = 1 kai (3 + i)z +
(3− i)z̄ = 2.

'Askhsh 7.4 BreÐte thn exÐswsh thc eujeÐac pou ef�ptetai ston kÔklo |z− 2 + i| =
√
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sto shmeÐo −2i.
Upìdeixh: O kÔkloc me kèntro c kai aktÐna r ef�ptetai sthn eujeÐa ε sto shmeÐo w ìtan
eujeÐa ε eÐnai k�jeth sthn aktÐna sto w.

'Askhsh 7.5 BreÐte thn aktÐna tou kÔklou me kèntro c ∈ C, ìtan o kÔkloc ef�ptetai
ston pragmatiko �xona.

'Askhsh 7.6 DÐdontai shmeÐa w1 = 1 + 2i kai w2 = 5 − 2i. BreÐte tic timèc λ gia tic
opoÐec o kÔkloc Kλ thc oikogèneiac ApollwnÐwn kÔklwn me exÐswsh |z −w1| = λ|z −w2|
ef�ptetai ston pragmatikì �xona.

'Askhsh 7.7 DÐdontai oi oikogèneiec ApollwnÐwn kÔklwn Kλ : |z−1−2i| = λ|z−5+2i|
kai Cµ : |z + 1 − 4i| = µ|z − 5 + 2i|. BreÐte th sqèsh metaxÔ twn λ kai µ ìtan oi kÔkloi
Kλ kai Cµ ef�ptontai.
Upìdeixh: 'Otan dÔo kÔkloi ef�ptontai, to shmeÐo epaf c brÐsketai p�nw sthn eujeÐa pou
sundèei ta kèntra touc.

'Askhsh 7.8 DeÐxte oti h apìstash tou shmeÐou w apì thn eujeÐa me exÐswsh ūz+uz̄+c =
0, u 6= 0, c ∈ R, eÐnai

d =
|ūw + uw̄ + c|

2|u|
.


